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PAI SO
LUYEN TAP — CONG TRU PA THUC MOQT BIEN

Bai 49 trang 46 SGK: Hiy tim bac ctia mdi da thirc sau:

M =x>—-2xy +5x2—-1 N = x?y? —y? + 5x? — 3x?y + 5
Loi giai:
a) Rut gon da thuc M ta c6 :

M =x2—2xy +5x2—1 = (x+ 5x2) — 2xy — 1 = 6x2 — 2xy — 1

Sau khi rat gon, M c¢6 céc hang tir 1a:

6X2 cO bac 2

— 2xy c0 bac 2

—1cdbacO

Bac cua da thure 1a bac cua hang tir ¢6 bac cao nhét

= Pa thiic M =x2—2xy + 5x2— 1 ¢6 bac 2.

b) N = x2y2 — y2 + 5x2 — 3x2y + 5 ¢4 cac hang tir 1a

X2y? c6 bic 4 (vi bién x ¢6 bac 2, bién y c6 bac 2, tong 1a 2 + 2 = 4)
—y2¢o bac 2

5x2 co bac 2

— 3x2y ¢6 bac 3 (vi bién x cd bac 2, biény co bac 1, tong 13 2 + 1 = 3)

5cobac0



Bac cua da thure 1a bac cua hang tir ¢ bac cao nhat.

= Pa thtrc N = x?y2 — y? + 5x? — 3x2%y + 5 ¢6 bac 4

Bai 50 trang 46 SGK : Cho cac da thirc:
N = 15y3 + 5y? — y5 — Sy? — 4y? — 2y M=y2+ys—3y+1—-y2+ys—ys+7ys
a) Thu gon céc da thirc trén.

b) TinhN+MvaN - M,

Loi giai:

a) N = 15y + 5y2 —y5 — Byz — 4ys — 2y

= -y + (15y° — 4y?) + (5y? - By?) — 2y

=y +11ly*+0-2y

=—ys+ 11ys—2y.

VaM=y2+ys -3y +1—-y2+ys—ys+ 7ys

=y t7y)t(y-y) +(yr-y) -3y +1

=8y*+0+0—-3y+1.

=8ys—-3y + 1.

b) Ta dat va thuc hién cac phép tinh N+ M va N — M ¢6

N= —y* +11y® -2y
M= 8y’ —3y+1
N-M =-9y° +11y? + yv—1
va
= —y>  + 11y’ -2y
_|_
M= 8y’ _3y+1

Vay: N-M=-9ys+ 11y3+y—-1; N+ M=7y5+ 11y3-5y + 1

N+M = 7y

+11y2 -5y +1



Bai 52 trang 46 SGK: Tinh gia tri cua da thirc P(x) =x2-2x - 8 tai: x =-1; x =0vax =4.
Loi giai:

TacoP(X) =x2—2x -8

Thay x = —1 vao P(x), ta duoc:

P-1)=(-12-2.(-1)-8=1+2-8=-5.

Thay x = 0 vao P(x), ta duoc:

P(0) =02—2.0-8=-8.

Thay x = 4 vao P(x), ta dugc:

P@4)=4-24-8=16-8-8=0.

Bai 53 trang 46 SGK: Cho céc da thurc:
PX)=xt—2x*+x2—x+1 Q(X)=6—2x+3x3+ x4—3x°
Tinh P(x) — Q(X) va Q(X) — P(x). C6 nhan xét gi vé& cac hé s6 cta hai da thirc tim dugc?
Loi giai:
Sép xép lai cac hang tir cia Q(x) ta co:  Q(X) = —3x® + Xx* + 3x® — 2X + 6.

bat va thyc hién cac phép tinh P(x) — Q(x) va Q(x) — P(x), ta co:

P(x)=x’ —2x" +x'— x+1
- Qx)=-3x+x'+3x —-2x+6
P(x)-Q(x)=4x" -3x" -3x’ +x* +x -5
Va:
Q(x)=-3x"+x" +3x° —2x+6
N P(x) = x’ —2x* +x’— x+1

Q(x)—P(x)=—4x" +3x" +3x°’ —x* —x +5

Vay P(x) - Q(X) =4x5—-3x*—3x*+ X2+ X =5 ; Q(X) —P(X) =—4x*+ 3x*+ 3x*—x*—X+5
Nhan xét: Cac hé s twong tng ctia P(x) — Q(X) va Q(X) — P(x) ddi nhau.
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Chu y: Ta goi hai da thirc ¢ cac hé s6 twong g d6i nhau 1a da thirc d6i nhau.

NGHIEM CUA PA THUC MQT BIEN

A. Ly thuyét
1. Nghiém ciia da thirc mot bién
Néu tai x = a, da thirc P(x) c6 gia trji bang 0 thi ta néi a (hodc x = a) 1a mot nghiém cua da thic do.

Vi du 1: Kiém tra xem mdi s6 1; 2; -1 c6 phai 1a mot nghiém cia da thirc f(x) = x2 - 3x + 2 hay
khong?

Huwéng din gidi:
Ta co da thirc:
flx)=x"—3x+2

+ Vo1 x=1 ta co

f(1)=1"—31+2=1-3+2=0
Nén x=1 la mét nghiém cua da thirc 7 (x)

+ V&1 x=2 taco

f(2)=2"—32+2=4—-6+2=0

Nén x=2 la mot nghiém cua da thirc f(x)
+Vdi x=—1tacd
f(=1)=(=1)=3.(-1)+2=1+3+2=56

Nén x=—1 khoéng la nghiém cua da thirc f(x)
Vidu 2: Cho da thtc f(x) =x3+ 2x2+ax + 1

Tim a biét rang da thirc f(x) c6 mot nghiém x = -2

Huwéng din giai:



Pa thitc f(x) c6 mét nghiém x=-2
Nén f(—2)=0
Khi d6 ta c6: (—2) +2.(—2)" +(-2)a+1=0

1
4:}—23+1=04:}a=5
~ 1 b r -~ -
Vay a=— thi /(x) c6 mét nghiém x=-2.

2.Chuy:
+ Mot da thire (khéc da thirc khong) co thé c6 mot nghiém, hai nghiém,... hoac khong c6 nghiém.

+ S6 nghiém cta mot da thie (khac da thirc khong) khong vuot quéa bac ciia nd. Chang han: da
thirc bac nhat chi c6 mot nghiém, da thic bac hai khong qua hai nghiém,...

Vi du: Tim nghiém cuta da thirc P(x) =2y + 6
Ter2y+6=0=>2y=-6>y=-6/2=-3
Vay nghiém cua da thuc P(x) 1a -3.

Vi du 2: Gia st a, b, ¢ 1a cc hang sb sao cho a+ b + ¢ = 0. Chitng minh rang da thtc f(x) = ax? +
bx + ¢ c6 mot nghiém 1a x = 1 . Ap dung dé tim mot nghiém cta da thic f(x) = 8x2 - 6x - 2.

Huwéng dan giai:

Taco: f(1)=a.l’+bl+c=a+b+c=0

Vay x=1 la mdt nghiém cua da thirc 7(x)

Ta co: 8+(—6)+(—2)=0

Nén da thitc f(x)=8x"—6x—2 c6 mét nghiém la x=1
B. Bai tap

Bai 1: Chung to cac da thirc sau khong ¢6 nghiém  a) P(x) =x2+ 1 b) Q(y) =2y*+5
Huwéng din gidi:

a)Vixe>0nénxz+1>1

Do do: P(x) =x2+ 1 > 0 nén da thirc P(x) v6 nghiém.



b) Viy*>0nén2y*+5>0
Do d6: Q(y) = 2y* + 5 > 0 nén da thirc Q(x) v6 nghi¢m.
Bai 2: Tim nghiém cuta da thirc a) x2 - 2003x - 2004 =0 b) 2005x2 - 2004x - 1 =0
Huéng din giai:
a) Pa thirc x2 - 2003x - 2004 = 0 c6 hé sdba=1,b=-2003, ¢ = -2004
Khidotaco:a-b+c=1-(-2003) + (-2004) =0
Nén da thue x2 - 2003x - 2004 = 0 c6 nghi¢m x = -1
b) Pa thurc 2005x2 - 2004x - 1 =0 c6 hé s6 a=2005,b=-2004, c =-1
Khidotaco:a+b+c=2005-2004-1=0
Nén da thue 2005x2 - 2004x - 1 =0 c6 nghiém x = 1
HINH HQC
TiINH CHAT BA PUONG TRUNG TRUC CUA TAM GIAC
A. Ly thuyét
1. Duwong trung true cua tam giac

+ Trong mot tam giac, duong trung truc ciia mdi canh goi 1a

duodng trung tryc cua tam gidc do. R a
Vidu: ala duong trung truc img véi canh BC cua tam giac ABC.
« Mi tam gidc c6 ba duong trung truc. B D v
Tinh chat: Trong mot tam giac can, dudng trung truc cua canh

A

day dong thoi 1a duong trung tuyén Gng v6i canh nay.

Ta c6: tam giac ABC cin tai A c6 dudng trung truc ctiia doan thang BC 1a
AM, khi d6 AM ciing 14 trung tuyén (mg v6i canh BC cua tam giac ABC.

B : AM
2. Tinh chat ba dwdng trung true ciia tam giac



Ba duong trung tryc cia mot tam giac cung di qua mot diém. Diém nay

A
céch déu ba dinh cua tam giac do.
Diém O 1a giao diém ba duong trung truc clia tam gidc ABC, ta ¢6

@)

Chu y: Vi giao diém O cua ba duong trung tryc cia tam gidc ABC cach
déu ba dinh cta tam giac d6 nén c6 mot duong tron tam O di qua ba dinh A, B, C. Ta goi dudng
tron d6 1a duong tron ngoai tiép tam giac ABC.

3.Vidu

Vi du 1: Cho tam giac ABC. Tim mdt diém O cach déu ba diém A, B, C

A
Huéng din giai:
Diém O cach déu hai diém A, B suy ra diém O niam trén dudng trung truc
cua AB
Diém O cach déu hai diém B, C suy ra diém O nim trén dudng trung truc .

cua BC
Diém O cach déu hai diém A, C suy ra diém O nam trén duong trung truc ctia AC

Do d6: diém O cach déu ba diém A, B, C thi O 1a giao diém ctia ba duong trung truc cta tam giac
ABC.

Vi du 2: Cho tam giac ABC c6 Aa goc ti. Cac dudng trung truc ctia AB va AC cét nhau tai O
va cit BC theo tht ty tai P va E. Puong tron tim O ban kinh OA di qua nhiing diém nao trong
hinh vé

Huwéng din giai:
Ta ¢6 O 1a diém thudc trung tryc cia doan AB nén OA = OB
Lai c6 O thudc duong trung truc ctia doan AC nén OA = OC

Tu (1) va (2) suyraOA=0B =0C

Vay duong tron (O, OA) di qua cac diém A, B, C

B. Bai tap
Bai 1: Cho tam gidc ABC c6 dudng phan giac AK cua goc A. Biét rang giao diém cta duong
phan gi4c ctia tam giac ABK tring véi giao diém ba duong trung truc ciia tam gidc ABC. Tim s6

do céac gbc cua tam giac ABC.
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Huwéng din gidi:
Goi O 1a giao diém ctia 3 duong phan giac ciia tam gidc ABK
Theo dé bai, O 14 giao diém ctia ba dudng trung tryc cua tam giac ABC
Vay OA = OB = OC
Do do: cac tam gidc AOB, AOC, BOC la cac tam giac can tai dinh O
Khi do:
OAB = OBA
OBC = OCB (tinh chat tam giac can)
O4C =0CA
Pit O4B—a thi K4B — 2048 — 2a
(AO la tia phan giac cua goc BAK)
Suy ra BAC =2BAK =22a=4a
(AK la tia phan giac cua goc BAC)
Lai céd:
OBA = OAB —a = ABC = ABK —20BA =2a
(BO la tia phan giac cua goc ABK)
Xet tam giac AOB va tam giac COB co:
OB canh chung
OA = 0C
AOB = COB
Do dd AdoB=ACOB(c—g—cC)
Suyra 4B =CB
Vay tam giac ABC can tai dinh B
Suy ra: BCA — BAC — 4a
Khi d6 ta c6: ABC + BCA + BAC =180°
(tong ba gdc trong tam giac ABC)
Hay 2a-+4a-+4a=180° = 10a=180° = a =18"°
Viay s6 do cach géc cua tam giac ABC la:

4—C—18%4—72.B—2.18° — 36°




Bai 2: Trén ba canh AB, BC va CA cuia tam giac déu ABC, ldy cac diém theo thi tu M, N, P sao
cho AM = BN = CP. Goi O 1 giao diém ctia ba dudng trung truc ctia tam giac ABC. Chtrng minh
O ciing 14 giao diém ciia ba dudng trung tryc cia tam giac MNP.

Huéng din giai:

+ Theo gia thiét O 1a giao diém cta ba dudng trung tryc ciia tam giac
ABC nén ta cé: (giao diém cta ba duong trung truc trong tam giac
céch déu ba dinh cua tam giac)

+ Ta c6: tam gidc ABC déu c6 O 1a giao diém ba duong trung truc s “
nén O ciing 14 giao diém ciia ba duong phan giac trong tam giac ABC

Suy ra AO, BO, CO 1an luot 1a cac tia phan giac cac goc BAC, ABC va ACB
Ma BAC = ABC = ACB (tam giac ABC déu)

Do dé 4, =B, =C,

4,='pac:p =Lipc.c,=Ltica
2 2 2

+ Xet tam giac AOM va tam giac BON co:
OA = OB (cmt)

AM = BN (gt)

4, = B, (cmt)

Khi do:

AAOM =ABON(c—g—c)= OM =ON (1)
Chirng minh twong tiy ta cling co:

A4OM =ACOP(c — g —c) = OM = OP (2)

T (l) va(2) = OM = ON = OP

Hay O la giao diém cta ba dudng trung tryc tam giac MNP.

Bai 55 trang 80 SGK: Cho hinh 51. Chimg minh ba diém B, C, D thang hang.



Be
b D
-l -l "
A K C
Hinh 51
Lo gidi:

T hinh vé ta co:

+ DK la dudng trung truc ctia AC = DA = DC.
+ DI la dudng trung truc cdla AB = DA = DB.
+ Ta c6: DI // AC (vi cung vudng goc vdi AB)
Ma DK | AC = DK | DI = K DI — 90°.

+ Xét AADK va ACDK co:

AD = DC (cmt)

AK = CK (hinh vé&)

DK la canh chung

DK la canh chung
Do dé AADK = ACDK (c.c.c).
= ADK = C”B_I_‘{(hai goc tuong rng).

— ADC = ADK + KDC = 2ADK (1)
+ Xét AADI va ABDI ta co:

AD = BD (cmt)

Al = Bl (hinh vé&)

Dl la canh chung

Do do AADI = ABDI (c.c.c).
= 1(51? = Bﬁ'(hai gbc tuong rng).

— ADB = ADI + BDI = 2ADI (2)

T (1) va (2) suy ra: BDC — BDA+ CDA= 2ADI + 2ADK

— 2K DI = 2.90° = 180°

Vay ba diém B, D, C thang hang.
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Bai 56 trang 80 SGK: Sir dung bai 55 dé ching minh rang: Diém cach déu ba dinh ctia mot tam
gidc vuong 1a trung diém cta canh huyén cua tam giac do.

Tir 6 hiy tinh d dai duong trung tuyén xuat phét tir dinh géc vudng theo do dai canh huyén cua
mot tam gidc vudng.

Loi giai:

Ur 46 hdy tinh d6 dai dudng trung tuyén xuat phat tir dinh goc vudng theo d6 dai canh huyén cua
mot tam gidc vudng.

Loi giai:

+ Gia s&r AABC vudng tai A.

x la dudng trung truc cta canh AB, y la dudng trung truc clia canh AC.

x caty tai M, khi d6 M |a diém cach déu ba dinh ctia AABC.

+ Ap dung két qua bai 55 ta c6 B, M, C thang hang.

+ M cach déu A, B, C= MB = MC = M la trung diém ctia canh BC (dpcm).
+) Gia sir AM 1a trung tuyén ctia AABC

Suy ra M la trung diém cdia canh BC

Dodé MB=MC = ££.

Ma MA = MB = MC (cmt) nén MA = %.

Vay d6 dai duong trung tuyén xuat phat tir dinh goc vudng bang mot nira
do dai canh huyeén.

Bai 57 trang 80 SGK: C6 mét chi tiét may (ma duong vién ngoai 1a duong tron) bi gdy. Lam thé
nao dé xac dinh duoc ban kinh ctia dudng vién nay?
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Loi giai:

Dé x4c dinh duoc ban kinh ta can xac dinh dugc tim cua
duong tron chira chi tiét may nay. Ta xéac dinh tim nhu
Sau:

+ LAy ba diém phén biét A, B, C trén dudng vién ngoai chi Hinh 52
tiét may.

+ V& duong trung tryc canh AB va canh BC. Hai duong trung tryc ndy cat nhau tai D. Khi ¢6 D
14 tAm can xac dinh.

+ Ban kinh dudng tron can tim 13 d6 dai doan DB (hodc DA hoic DC).

Ta ¢6 hinh v€ minh hoa
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